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a b s t r a c t
Hypothesis: The temperature dependences of hydrodynamic radii in thermo-sensitive microgel suspensions, known as collapse curves, are commonly fitted to the benchmark Flory-Rehner theory but parameters obtained often yield little physical insights. Our study of poly(N-isopropylacrylamide) (PNIPAM)
microgel suspensions in water is driven by the hypothesis that fitting to Flory-Rehner theory can yield
meaningful parameters that separate into ones that are insensitive to crosslink density or deuteration
and ones that are not.
Experiments: Dynamic light scattering (DLS) and rheology experiments were done on 8 microgel variants,
protonated and deuterated PNIPAM for four crosslink densities, synthesized under otherwise identical
conditions.
Findings: Remarkably, polymer volume fractions in the microgel particle at collapse, /collapse , obtained via
rheology, are independent of crosslink density. Along with collapse curves from DLS, this determines the
temperature dependence of microgel water and polymer volume fractions. Fitting collapse curves to
Flory-Rehner theory yields reference polymer volume fractions, /0 , associated with microgel particle
elasticity. /0 is much lower than /collapse , and increases with crosslink density. For all microgel sample
variants, a crossover temperature, where the elastic contribution to osmotic pressure changes sign, is
found to approximate the final temperature after microgel synthesis and also to the free polymer h
temperature.
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1. Introduction

kB T
Colloidal suspensions have been used very successfully as
model systems to understand the fundamentals of phase transitions in condensed matter [1–6]. Colloidal interactions, including
tunable interactions [7–9], that are ‘‘soft” in the sense of being
describable by longer-ranged interaction forces than the hardsphere interaction, are crucial to accessing information about
phase transition kinetics. Among systems that exhibit multiple
modes of tunability are colloidal microgels.
Microgel
colloidal
suspensions,
such
as
poly(Nisopropylacrylamide) (or PNIPAM) in water, are aqueous polymer
solutions that are intermediate between branched polymers and
macroscopically crosslinked systems [10,11]. It is, however, very
productive to think of them as ‘‘soft” colloidal suspensions
[12,13]. They can be uncharged [12] or charged [14], with a hydrodynamic size that is sensitive, as highlighted in a recent review
[15], not only to temperature, pH, ionic strength, and concentration, but also pressure [16] and external electric fields [17].
While the macroscopic properties of microgel colloidal suspensions has been studied extensively in the last two decades (see, for
example, a recent review [18]) and can have rich phase behavior
[19,14], the internal structure and dynamics remains a question
of active interest [20–24], especially their dependences on crosslink density [25]. There has been a renewed interest in achieving
a quantitative understanding of the microgel swelling-deswelling
behavior as a function of temperature [26–29]. In particular, it
has been noted [28] that a gel-swelling theory such as the classic
Flory-Rehner theory, originally developed to describe rubber elasticity [30], presents a challenge: it is hard to infer much from fits of
experimental swelling curves to theory because of the number of
fit parameters (seven in total) available to match the experimental
monotonic decrease of hydrodynamic radius as a function of
temperature.
We were motivated to begin the current study in order to study
the internal microscopic dynamics of microgels as a function of
crosslink density by deuterium NMR, using deuterated PNIPAM
while studying macroscopic dynamics via rheology and dynamic
light scattering. We found, however, that using both protonated
and deuterated PNIPAM, and employing the techniques of rheology
and DLS, we could also achieve robust fits with a reduced set of free
parameters, and make definitive statements about water and polymer content of microgel particles as a function of temperature, as
well as evaluating key gel-swelling parameters in the context of
Flory-Rehner theory. This is the focus of the current work.

¼

NA 

v molar


/ þ lnð1  /Þ þ v/2 ;

ð2Þ

where NA is the Avogadro number, v molar is the molar volume of the
solvent, and v is the Flory–Huggins solubility parameter. While v
typically has an explicit temperature dependence, in the microgel
literature it is found that one needs to add a phenomenological /
dependence in order to fit data. The form that has been used for v is

v ¼ 0:5  Að1  h=TÞ þ C/ þ D/2

ð3Þ

where A is related to the second virial coefficient and h is the theta
temperature, which can be constrained to the linear polymer value.
C and D are phenomenological fit parameters.
The elastic contribution to the osmotic pressure within the particle is written as

"
 1=3 #
Nchain
/
/
;
0:5 
¼
/0
/0
kB T
V0

Pel

ð4Þ

where N chain is the number of polymer chains in the network (in
each microgel particle) and V 0 and /0 are the volume and polymer
volume fraction of the microgels in the reference state. The reference state was originally thought to be the preparation state where
the crosslinking was performed because any deviation from that
state would induce elastic stress on the polymer network. [30]
The microgel synthesis is carried out at 70  C. At this temperature,
the polymer is in the collapsed state, and it would be reasonable
to equate /0 and /collapse . However, the reaction is completed while
the synthesis mixture is stirring and cooling back to room temperature. It is thus unclear what /0 should be.
Indeed, as discussed in a recent review of gel swelling theories
[26], ‘‘this reference state is not well-defined for gels prepared in
the presence of solvent, and its determination is still a controversial issue”. Lopez and Richtering [28] showed, convincingly, that
it is preferrable to implement fits of Flory-Rehner theory to experimental results without assuming that /0 ¼ /collapse , and by limiting
parameter values as much as possible. Moreover, the parameters
A; C, and D in Eq. 3 should typically be of order unity. This is the
philosophy adopted here. Thus, in terms of the hydrodynamic
radius measured by DLS, as a function of temperature T, the (by
now, semi-phenomenological) Flory–Rehner fit equation is
T¼

A/2 h


 1=3 ;
v molar
/ þ lnð1  /Þ þ ð0:5  AÞ/2 þ C/3 þ D/4 þ Nchain
0:5 //0  //0
V 0 NA
ð5Þ

coupled with Eq. 1 for /. In Eq. 5, we further use, following Lopez and

2. Background

v molar
 0:35/0 f , where f is the molar fracRichtering the relation Nchain
V 0 NA

2.1. Dynamic light scattering and Flory-Rehner phenomenology

tion of crosslinker which is related to crosslinker to monomer weight
ratios, mBIS =mNIPAM , that are controlled at synthesis (see Section 3.1).

Gel-swelling theories [26,27,31] such as the classic FloryRehner theory write down the elastic and mixing contributions
to the osmotic pressure P, and set the total osmotic pressure to
zero in order to obtain an expression for the temperature dependence of the either the particle size RH or, equivalently, the polymer volume fraction, /, in each microgel ‘‘particle”, using the
relation

/ ¼ /collapse


3
Rcollapse
;
RH

ð1Þ

where Rcollapse and /collapse are reference polymer hydrodynamic
radius and polymer volume fraction in the collapsed state. / is sensitive to environmental conditions such as temperature T, pH, and
microgel concentration C.
The mixing contribution to the osmotic pressure [25,28,32] is

2.2. Relating the ‘‘watery colloid” to microgel rheology
In a suspension of reference volume V, there are N microgel
(colloidal) particles. An isolated microgel particle suspended in
water consists of only PNIPAM polymer and water, thus
V ¼ V particle þ V medium , where V particle is the total microgel particle
volume and V medium is the total ‘‘medium” volume: this refers to
only the water outside the particle. The microgel particle volume
fraction can be defined as

Uc ¼

V particle
1
¼
:
V particle þ V medium 1 þ VVmedium

ð6Þ

particle

The total volume of water in the system (inside and outside the particle) is independent of temperature and given by
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V w ¼ V medium þ /w V particle , where /w , the fraction of the colloidal
particle volume accounted for by water, is temperature dependent.
From this relation, one can say that the volume of the particlebound water is /w V particle . The PNIPAM volume per particle in the
system is presumed to be independent of temperature, and can be
defined as a factor v polymer such that

v polymer ¼

ð7Þ

where N is the total number of colloidal particles in the reference
volume V. This last identification is true even with particle overlap,
because V PNIPAM is the total polymer volume. In Eq. (7), both the total
colloidal particle volume V particle and the particle-bound water fraction depend on temperature. Dividing the total water volume in the
system by the PNIPAM volume in the system gives

Vw
¼
V PNIPAM

þ /w

1  /w

:

The ratio of solvent volume to particle volume can then be written
as


V medium
Vw
¼
ð1  /w Þ  /w :
V particle
V PNIPAM

ð8Þ

The
concentration
by
weight
of
the
sample
is
C ¼ mPNIPAM =ðmPNIPAM þ mw Þ, where mPNIPAM and mw are the experimentally measured masses of PNIPAM powder and water. The densities of PNIPAM and water are known and they have the values
qPNIPAM ¼ 1:1 g=cm3 and qw ¼ 1 g/cm3. By converting masses to
density-volume products in the previous equation and rearranging,
we get V w =V PNIPAM ¼ ðC1  1ÞðqPNIPAM =qw Þ. The particle volume fraction now can be expressed in terms of /w ; C; qPNIPAM , and qw by
substituting the concentration-dependent form of V w =V PNIPAM ,
above, into Eq. (8), and substituting the result into Eq. 6. The equation for the microgel particle volume fraction then becomes

Uc ¼

h

1

ð1  /w Þ 1 þ

1
C

1

qPNIPAM
qw

i:

The ð1  /w Þ factor can be replaced by the ratio of

ð9Þ
Nv polymer
V particle

v

¼ vpolymer ,
particle
using Eq. 7, where we have defined a single particle volume
v particle ¼ V particle =N. The quantity v polymer =v particle is the polymer volume fraction / that was used in Section 2.1, so consistently,
/ ¼ 1  /w . The single-particle volume, v particle , only equals 43 pR3H
(obtained from DLS) in the absence of overlap. Using these definitions, the microgel particle volume fraction can be expressed as [33]

Uc ¼

v polymer

h

v particle
1þ

1
C

1

qPNIPAM
qw

i:

ð10Þ

It should be noted that, when the concentration C  1, this reduces



v
to Uc  v particle q qw C  kC. This is the form typically employed
polymer
PNIPAM
in the literature, but Eq. 10 is the more correct form. In the collapsed phase, it is reasonable to assume that the viscosity of a dilute
microgel suspension behaves like that of an effective hard sphere
suspension. The relative viscosity grel ¼ g0 =gs (where g0 is the
zero-shear viscosity of the suspension and gs is the viscosity of
the solvent, i.e., water at the same temperature) can be fit to the
phenomenological Krieger-Dougherty equation [34] for hard
2:5U

ð11Þ

to obtain an estimate of the volume fraction in this temperature
range. Using Eqs. (10) and (11), we then obtain

/

v polymer
1
i
¼ h
v particle Uc 1  g1=ð2:5/ Þ 1 þ

c

rel

V particle
V PNIPAM
¼ ð1  /w Þ
;
N
N

V medium
V particle



1=ð2:5Uc Þ
Uc ¼ Uc ½1  grel
;

c
spheres, grel ¼ ð1  Uc =Uc Þ
, where Uc ¼ 0:63 is the packing
fraction at which the relative viscosity of hard spheres goes to infinity [35], and is close to the Urcp ¼ 0:64 maximum packing fraction
for a random packing of hard spheres. In the present work, this
hard-sphere equation is simply inverted to obtain the colloidal suspension packing fraction Uc from a measured relative viscosity grel ,

1
C

1

qPNIPAM
qw

:

ð12Þ

The left hand side of Eq. 12 is the polymer volume fraction / inside
the microgel particle. The water fraction is /w ¼ 1  v polymer =v particle .
The right hand side of Eq. 12 consists of the microgel concentration
C, which is controlled, the density of PNIPAM and water, which are
known, and grel , which is obtainable via fits to microgel rheology
experiments.
2.3. Viscosity and the cross equation
The Cross equation [36] describes a range of shear-thinning
behavior in gels, and is commonly used as a phenomenological
model to describe shear-rate dependent viscosities in microgel
particles [12,37,38]. The characteristic features of the Cross
equation,

g  g1 ¼

g0  g1
m;
1 þ ðsc_ Þ

ð13Þ

are a limiting (‘‘zero-shear”) viscosity, g0 , at very small shear rates, a
limiting viscosity at very high shear rates, g1 , a power-law shearthinning regime (with exponent m) and a characteristic timescale
s, which is the inverse of the shear rate required for onset of the
power law regime.
3. Experimental
3.1. Microgel synthesis
An example of microgel synthesis, following the procedures laid
out by by Senff and Richtering [12], is given below. First, 0:997 g of
the d3 NIPAM monomer (> 98% purity) and 0:0752 g of crosslinker
BIS (N,N0 -methylenebis(acrylamide), 99% purity) were dissolved in
80 ml of distilled water (the uncertainty in measured masses was
0.0005 g). Separately, 0.0235 g of SDS (sodium dodecyl sulfate,
98.5+% purity) surfactant was dissolved in 10 ml water. Nondeuterated monomer (h-NIPAM, 97% purity) crosslinker BIS, initiator KPS (potassum persulfate, P 98% purity), and surfactant SDS
were obtained from Sigma Aldrich Inc., Oakville, ON, Canada.
Deuterated monomer was obtained from Polymer Source Inc., Dorval, QC, Canada. The mixtures were transferred into a 250 ml
round-bottom flask. The mixtures were heated at 70  C and
degassed under a gentle nitrogen stream with a stirring speed of
270 rpm for 45 min. Finally, 0:0363 g of the initiator, KPS, dissolved
in 10 g of water, was added slowly to initiate the polymerization.
The reaction mixture was kept at 70  C under gentle nitrogen gas
flow for 6 h to complete the reaction with a heater stirring speed
of 270 rpm. The reaction was stopped after 6 h by switching off
the heater. The stirring was maintained while the sample cooled
back to room temperature, and then continued overnight to keep
the particles from being trapped in the collapsed state after the
high temperature synthesis.
After synthesis, the microgel suspension was purified in order
to remove un-reacted monomers and ionic impurities. First the
product of the synthesis was centrifuged using an ultracentrifuge
at 40,000–50,000 rpm for 45–60 min to sediment the microgel
particles. This centrifugation was carried out at 35  C to ensure that
particles were in the higher density collapsed phase. After centrifugation, the supernatant was removed and the remaining microgel
suspension was diluted with deionized water and redispersed by
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vortex and ultrasonication cycles. With the ultrasonic bath set at
30  C, the diluted suspension was ultrasonicated for about 2 h in
total with additional vortexing for 1–2 min every 15 min. Following redispersion, the sample was centrifuged again. This part of
the procedure was carried out 6 times in order to remove unreacted monomers. After this, the purified microgel suspensions
were dialyzed against deionized water for one week. Once the
microgel suspension was purified, the swelling transition (i.e. temperature dependence of hydrodynamic radius) was characterized
using dynamic light scattering at dilute concentration. Finally,
the microgel suspensions were freeze dried and kept for future use.
This process was carried with h-NIPAM and d3-NIPAM and for
four different crosslinker-to-monomer ratios mBIS =mNIPAM . This
ratio can be related to the ‘‘crosslink density” (or more precisely,
the crosslinker molar fraction) f via f

1

M

W;BIS
¼ 1 þ MW;NIPAM

mNIPAM
,
mBIS

with

MW;BIS ¼ 154:17 g/mole, while M W;NIPAM is 113.16 g/mole and
116 g/mole, respectively, for h- and d3-NIPAM. In the example
synthesis above, mBIS =mNIPAM ¼ 0:0754  7:5 wt%, corresponding
to f ¼ 0:0524. A nearly identical synthesis for d3-NIPAM gave
f ¼ 0:0537. We thus use the value f ¼ 0:053 0:001 for these syntheses of h- and d3-NIPAM. Average cross-link densities were
similarly calculated for protonated and deuterated samples
synthesized at other crosslinker-to-monomer mass ratios.
3.2. Dynamic light scattering
Dynamical light scattering (DLS) was carried out on a Zetasizer
Nano ZS (Malvern Instruments, Montreal, QC, Canada), which uses
a 633 nm He-Ne laser and a detector in a back-scattering geometry
(173 ). DLS experiments were carried out in dilute suspensions
(0.04 wt%) and in deionized water. Measurements were carried
out from 5 to 45  C with 2–3  C steps. The hydrodynamic radius
RH of the microgel particle as a function of temperature was
obtained from the DLS measurements. The mean hydrodynamic
radius, RH , and its standard deviation were obtained from the autocorrelation functions using the inbuilt software which applies a
cumulants analysis, i.e.,a nonlinear least squares fit of a polynomial
to the natural log of the autocorrelation function. The accuracy of
the obtained radii was cross-checked in test samples by direct fitting of the raw autocorrelation functions. We verified the unimodal
character of all suspensions studied.
3.3. Rheology
The dynamic viscosity was measured using a Anton Paar Physica MCR 301 strain-controlled rheometer (Anton Paar Inc., Montreal, QC, Canada) using the cone-plate CP50-1 configuration
with a 50 mm diameter and a 1 cone angle.
Samples for rheology were prepared using only the protonated
microgel powders and de-ionized water. After adding water to
powder, the mixture was stirred for 2 min and then placed in an
ultrasonic bath for 2 h. For each crosslink density, suspensions
were prepared at a range of concentrations from 1 to 12 wt%. A
sample quantity of approximately 600 ll was loaded into the
cone-plate system. Every experiment was preceded by testing of
a water sample for calibration. The measurements were carried
out from a shear rate c_ of 102 or 101 s1 to a value of 104 s1 .
Each measurement was preceded by pre-shear at 5 s1 of
0.5–1 min, and a waiting time of 1 min. The measurements were
typically repeated 3 times to check for steady-state behavior.
4. Results and discussion
The temperature dependence of the hydrodynamic radius, RH ,
for both non-deuterated (‘‘h”) and deuterated (‘‘d3”) synthesized

PNIPAM microgels is plotted in Fig. 1(a)–(d) for four different
crosslink molar fractions (f ¼ 0:011; 0:053; 0:092; 0:127). While
the absolute particle size is somewhat sensitive to synthesis conditions (such as surfactant concentration), the h-NIPAM microgel
particle (open red symbols) is systematically larger in Fig. 1(a-d)
than the d3-NIPAM microgel (solid blue symbols). Using the particle volume at 45  C as reference, one can calculate a temperaturedependent swelling factor


SðTÞ ¼

RH ðT  CÞ
RH ð45 CÞ

3
;

ð14Þ

which in the range of our observations (between 5 and 45  C) has a
maximum value Smax Sð5  CÞ. The swelling factor S(T) (Fig. 1(e))
shows a systematic decrease with crosslink density f for both protonated and deuterated PNIPAM syntheses, and is indifferent to the
particle size at synthesis.
It should be noted that some workers [25] report, instead, a
‘‘de-swelling factor” bðTÞ ¼ ðRH ðT ref Þ=Rswollen Þ3 at a particular reference temperature T ref in the swollen state. Because the RH vs temperature curve is flatter in the collapsed state (at T ¼ 45  C) than
in the swollen state at (T ¼ 5  C), the swelling factor defined
above is a bit cleaner, but the two are simply related:
SðTÞ ¼ bðTÞSmax . This swelling factor SðTÞ can be obtained directly
from Eq. 14 and the RH results shown in Fig. 1(a) and (b). It has
the largest range for the lowest crosslink density and it is systematically smaller with increasing f. This can be seen by plotting the
maximum swelling factor Smax as a function of f. It is seen (Fig. 1
(e)) that Smax Sð5  CÞ decreases roughly linearly from about 15
to 5 with increasing f (symbols). It should be noted that the swelling factors reported in some previous work (e.g. Varga et al. [20])
are given in terms of particle diameter rather than volume, and
based on reference low/high temperatures of 25  C/40  C rather
than the 5  C/45  C used in this work. When these differences
are accounted for, the results are roughly consistent with those
reported here.
We can construct a dimensionless and normalized particle volume increment

V norm ðTÞ ¼ ðSðTÞ  1Þ=ðSmax  1Þ;

ð15Þ

that is zero at T ¼ 45  C and unity at T ¼ 5  C. One observes (for
both h- and d3-PNIPAM) that the temperature dependence of this
particle volume increment, V norm ðTÞ, collapses onto a single curve
in the swollen phase. This is shown in Fig. 2(a) and (b). While identifying a transition temperature for microgel suspensions is often
challenging, this data collapse in the swollen phase allows us to
unambiguously assign a transition temperature in the region where
one first observes deviation from the data collapse. A choice of
V norm ðTÞ ¼ 0:2 appeared to be a good indicator of the transition temperature at all crosslink densities, and for both protonated (h) and
deuterated (d3) PNIPAM. Even if this indicator is somewhat arbitrary, it certainly allows a systematic comparison of transition temperatures between samples at different crosslink densities. As
shown in Table 1, with increasing crosslink density, there is a systematic increase in transition temperature for both protonated
and deuterated PNIPAM.
It would be interesting to examine the DLS results presented
above from the point of view of gel-swelling theories [26,27] such
as the classic Flory-Rehner theory. However, it has been pointed
out [28] that the results of fits are only meaningful if the parameters are properly constrained. We thus postpone this discussion
until after a presentation of rheology results, from which we can
independently obtain estimates of the polymer volume fraction
/ ¼ v polymer =v particle inside a microgel particle.
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Fig. 1. The hydrodynamic radius RH as a function of temperature for both the h-PNIPAM (red, open circles) and the d3-PNIPAM (blue, solid circles) syntheses obtained from
DLS measurements for four crosslink densities (a) f ¼ 0:011 (c) f ¼ 0:053 (c) f ¼ 0:092 (d) f ¼ 0:127. (e) The maximum observed swelling factor (at T ¼ 5  C) Smax as a function
of crosslink molar fraction f for both h- and d3-PNIPAM microgels. (For interpretation of the references to colour in this figure legend, the reader is referred to the web version
of this article.)

Fig. 2. V norm as a function of temperature for both (a) the h PNIPAM and (b) the d3 PNIPAM syntheses obtained from DLS measurements. The dashed horizontal line at
V norm = 0.2 was used to find the transition temperature.

4.1. Rheology
Shown in Fig. 3 are the results of steady shear rheology measurements in a microgel suspension at a single crosslink density,
f = 0.092, and particle concentration, C = 8 wt%. Similar experiments were carried out for all crosslink densities, at chosen particle

concentrations, of h-PNIPAM suspensions. The viscosity g as a
function of shear rate c_ shows a strong non-Newtonian, shearthinning behaviour at all but the highest temperatures. In the
range of shear rates probed (102 < c_ < 104 s1 ), we observe a
low-shear-rate plateau above T ¼ 20  C, while for T < 20  C the
slopes, on a log–log plot, all seem comparable with no plateau. It
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Table 1
The swelling factors, Smax , and the transition temperatures, T trans , as function of crosslink density for both non-deuterated (h) and deuterated (d3) microgels. There is a systematic
variability of 0.5  C in the reported transition temperature values upon varying the threshold.
h-PNIPAM syntheses
mBIS =mNIPAM (wt%)

f

Smax

1.5
7.5
13.6
19.5

0.011
0.053
0.092
0.127

17 (1)
8.5 (8)
5.7 (5)
4.0 (4)

d3-PNIPAM syntheses

T trans ( C)
32.3
33.6
34.6
34.8

(1)
(1)
(1)
(1)

Smax
16 (1)
11 (1)
6.4 (6)
3.9 (4)

T trans ( C)
33.5
35.6
35.7
37.7

(1)
(1)
(1)
(1)

Fig. 3. The viscosity versus shear rate at all temperatures for the microgel sample (h-PNIPAM) of f ¼ 0:092 and C = 8 wt%.

is thus reasonable to consider a power-law model for shear thinning, such as the phenomenological Cross model (Eq. (13)), which
displays a plateau, g0 , of the viscosity at low shear rates (corresponding to a linear relationship between stress and shear strain
rate at low c_ ), followed by a power-law shear-thinning regime at
intermediate c_ , and ultimately a plateau, g1 , at high c_ . The range
of the power-law regime, with power-law exponent m, is determined by the time constant s in Eq. (13).
At low temperatures, we cannot extract a zero-shear viscosity,
but at intermediate and high temperatures, we can. However, even
at low-temperatures, we can obtain a lower bound on the power
law from the apparent power law. The best-fit power laws are quite
different at different temperatures. At low temperatures, we obtain
power laws of mapparent  0:89 (see Appendix Fig. A.1). At high temperatures, nearly Newtonian behaviour is observed (i.e., no powerlaw regime at all). At intermediate temperatures, a power law of
m  0:65 is obtained from fits to the Cross model (see Appendix
Table A.1).
We are most interested in values of the zero-shear viscosity g0
at all temperatures for which they are obtainable. The corresponding concentrations (and temperatures and crosslink densities) are
indicated in green in Appendix Table A.1. Given that the lowshear-rate plateau implies a linear stress-shear rate relationship
at low c_ , one should obtain consistent values of g0 from the Cross
equation fit to g vs. c_ and from a linear fit to the stress as a function
of c_ (at low enough c_ ). This is indeed the case, as shown in Fig. 4,
for observations made on samples prepared at two different concentrations for each of the 4 crosslink densities (the full table of
g0 is shown in Appendix Table A.1, where linear fits alone are
denoted with ‘‘L” while Cross fits are denoted with a ‘‘C”). The fitted
power laws for the 4 crosslink densities, remarkably, give values of
m that range between 0.6 and 0.69, significantly less than the values of mapparent observed at low temperatures where it is not possible to extract a zero-shear viscosity. We conclude that this

intermediate-temperature shear-thinning regime is qualitatively
different from the low-temperature gel regime, likely related to
the partial collapse of the microgels.
The temperature dependence of the zero-shear viscosity g0
depends strongly on concentration, C, and crosslink density, f. For
example, for a concentration C ¼ 6 wt%, the viscosity g0 reaches
a value of 1 Pa.s at 30  C for f ¼ 0:011 (Fig. 4(b)), at less than
25  C for f ¼ 0:053 (Fig. 4(d)), and at 5  C for f ¼ 0:092 (Fig. 4(e)).
In order to examine these complex dependences, it is typical to
examine the behaviours in terms of a relative viscosity grel ¼ g=gs
(normalizing with respect to the solvent viscosity at the same temperature), and an effective colloid volume fraction Uc (to be distinguished from the polymer volume fraction /inside the microgel
particle). This is the focus of the next section.

4.2. Water and polymer content in soft microgel particles
For each crosslink density, Eq. 12 was applied to calculate
/ ¼ v polymer =v particle from relative viscosity (grel ) measurements for

samples in the collapsed state. Then, v particle ¼ 43 pR3H was used to
obtain the factor v polymer . Fig. 5(a) shows the average polymer volume in a particle, hv polymer i, as a function of the particle volume
v particle for each of the crosslink densities f in the collapsed state:
the relationship is linear with a y-intercept of zero, indicating that
in the collapsed state, / ¼ v polymer =v particle (Fig. 5(b)) is independent
of crosslink density, and has a mean value of 0:40 0:04. This
value, interestingly, is consistent with the value / ¼ 0:44 inferred
by Lopez and Richtering [28]. The water volume fraction,
/w ¼ 1  /  0:6, is higher than a previous estimate for the fraction of ‘‘bound water” inside the microgel particle, previously estimated to be about 40% by volume [39]. Since not all the water
inside the particle need be ‘‘bound” or surface-associated, this is
also consistent.
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Fig. 4. The zero-shear viscosity, g0 (in units of Pa.s) obtained by both Cross and linear fits, versus temperature for the eight samples of microgels at cross-linker densities f and
sample concentrations C given by (a) f = 0.011, C = 4.5 wt% (b) f = 0.011, 6 wt% (c) f = 0.053, C = 4.5 wt% (d) f = 0.053, 6 wt% (e) f = 0.092, C = 6 wt% (f) f = 0.092, 8 wt% (g)
f = 0.127, C = 8 wt% (h) f = 0.127, C = 12 wt%. The results from Cross fits and linear fits are plotted in black circles, and red squares, respectively. Error bars, calculated from
standard deviations from the mean value, are plotted but not visible because they are smaller than the symbols. (For interpretation of the references to colour in this figure
legend, the reader is referred to the web version of this article.)

Using the polymer volume fraction at 45  C (Fig. 5)) and the temperature dependence of the microgel particle size RH (Fig. 1), we can
estimate both the polymer volume fraction / and the water volume
fraction /w ¼ 1  / as a function of temperature. Note that the total
polymer volume per particle, v polymer , is temperature independent;
all of the temperature dependence comes from the temperature
dependence of v particle , which in the dilute limit can be assumed to
be spherical, v particle ðTÞ ¼ 43 pRH ðTÞ3 . We see (Fig. 5(c)) that the fraction of water is large: /w 1  /  0:6 in the collapsed state
(T ¼ 45  C), while /  0:4, The values of / decrease dramatically,
and those of /w concomitantly increase, as temperature is lowered
through the transition. At T ¼ 5  C, / ranges from 0.02 to 0.09 with
increasing f, while /w ranges from 0.98 to 0.91 with increasing f.
Given hv polymer i as a function of crosslink density, one can also
self-consistently, using Eq. 10, obtain an ‘‘effective” packing

fraction Uc;eff for all sample concentrations and crosslink densities.
This is, of course, a fictitious packing fraction anywhere outside of
the dilute system/collapsed state region, but is a useful quantity to
assess deviations from the hard-sphere paradigm. The relative viscosity grel ¼ g=gs is plotted as a function of Uc;eff in Fig. 6 for all
microgel samples at all crosslink densities, f = 0.011, 0.053, 0.092
and 0.127 (i.e., mBIS =mNIPAM = 1.5, 7.5, 13.6, and 19.5 wt%). It is seen
in Fig. 6 that all datasets are in agreement with hard-sphere behaviour (as exemplified by the Krieger-Dougherty relation, or ‘‘KD
line”), not just for the samples at the highest temperature, but
for all samples and conditions corresponding to Uc;eff < 0:4. Beyond
this packing fraction, it is observed that the lowest crosslink density f ¼ 0:011 deviates the most from hard-sphere behaviour while
the highest crosslink densities f = 0.092 and 0.127 are the closest to
the KD line.
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Fig. 5. (a) Average calculated polymer volume in a microgel particle, hv polymer i, for different f versus the particle volume at 45  C at the 4 crosslink densities: the highest v particle
corresponds to the lowest f. For a given f, the polymer volume v polymer is temperature independent. (b) The ðv polymer =v particle ð45  CÞÞ ratio is independent of f. (c) The polymer
volume fraction in the particle / v polymer =v particle and the water volume fraction 1  /, plotted as a function of temperature for 4 crosslink densities, using the result in (b)
and the collapse curves in Fig. 1.

crosslink densities. In order to carry out this fit robustly, we use
Eq. 5, which has numerous fit parameters, A; C; D; h; /0 , along
with the parameters in Eq. 1 to convert / to the observed RH , i.e.,
/collapse and Rcollapse . We adopt the following criteria:

Fig. 6. Dependence of the relative viscosity on the effective volume fraction Uc;eff ,
for all the microgels samples at different C; T and f. The Krieger-Dougherty (KD) line
was plotted for comparison to the colloidal suspension hard sphere behavior.

1. the polymer concentration in the collapsed state is held at
/collapse ¼ 0:4.
2. the h temperature is held (following Lopez et al. [28]) at the linear polymer chain value, 303.8 K for h-NIPAM [40] and based on
our results (Table 1), approximately 1.2 K higher for d3-NIPAM,
thus 305 K.
3. /0 is not constrained to be /collapse .
4. the molar fraction of crosslinker f is set to its known value for
each crosslink density (see Table 1).
5. The term containing the parameter D, which is the highest
order term, is omitted from the reported fit based on an observation that the quality of fits carried out with D included were
insensitive to its value.
6. 8 datasets – 4 crosslink densities, h- and d3-PNIPAM, each with
an identical number (17) of sampling temperatures – are fit
using a global fitting routine.

4.3. Gel-swelling and DLS
We are now ready to examine our dynamic light scattering
results at low concentrations in the context of gel-swelling phenomenology, as promised earlier. We fit the DLS results for the
hydrodynamic radius RH for both h- and d3-PNIPAM and all 4

The collapse curves, and the Flory-Rehner fits, are shown in
Fig. 7. The fits are reasonably good, but more importantly with so
many fit parameters, they are robust. There is a noticeable overshoot in the Flory-Rehner fit at the lowest crosslink density (which
has the largest change in swelling factors at the collapse transition,
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Fig. 7. Fit of the DLS collapse curves, plotted as T (in K) vs. RH to Flory-Rehner theory for crosslinks densities f = (a) 0.01 (b) 0.053 (c) 0.092 (d) 0.127. The h-PNIPAM nad d3PNIPAM are shown in open red and solid blue square symbols respectively, while the fits are the solid red and blue lines. The vertical dashed lines indicate the particle
hydrodynamic radius RH;cross when /=/0 ¼ 23=2 , and the elastic term in Eq. (4) is zero. (For interpretation of the references to colour in this figure legend, the reader is referred
to the web version of this article.)

and this overshoot is significantly diminished at higher crosslink
densities. The overshoot represents the possibility of multiple
hydrodynamic radii for a single temperature, and is not seen

experimentally. The hydrodynamic radius is, of course, directly
inversely related to / and thus the particle density, which is a relevant order parameter for the collapse transition.

Fig. 8. The parameters of the fit to Flory-Rehner theory as a function of crosslink density f. The h-PNIPAM and d3-PNIPAM are shown in open red and solid blue square
symbols respectively. (a) The A parameter.which is a prefactor of the second virial coefficient is negative, of order unity, and roughly independent of f. (b) The
phenomenological expansion parameters for v. (c) The fitted value of the hydrodynamic radius at collapse, Rcollapse , increases with f. Also shown (dotted lines) are the raw
values for RH obtained at T ¼ 45  C. (d) The reference polymer volume fraction /0 shows a systematic increase, from 0.02 to 0.06, with increasing f, for both h- and d3-PNIPAM
samples. (For interpretation of the references to colour in this figure legend, the reader is referred to the web version of this article.)
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Fig. 9. The crossover temperature (left) and hydrodynamic radius for each microgel
system where the elastic term in Eq. (4) (based on the fitted Flory-Rehner
parameters) changes sign. Red/blue symbols: h/d3-NIPAM. (For interpretation of
the references to colour in this figure legend, the reader is referred to the web
version of this article.)

Next, we examine in Fig. 8 the dependence of the fit parameters
on the crosslink density, for both h-PNIPAM and d3-PNIPAM samples. The parameter A (Fig. 8(a)) varies between 0.4 and 1.1, and
is most negative, i.e. has a larger magnitude of interparticle interactions, at intermediate f. The parameter C changes only a little
across all datasets: C varies between 0.4 and 0.5 with a small
increase with crosslink density. The fitted value of the hydrodynamic radius at collapse (Fig. 8(c), symbols) shows an increase
with f, and is somewhat higher than the raw value for RH (Fig. 8
(c), dotted lines) obtained at the highest temperature (T ¼ 45  C)
for each sample. The increase in Rcollapse is not monotonic. It is possible that the absolute particle size is sensitive to small but uncontrolled variations in the synthesis conditions. The /0 parameter
exhibits a steady increase with f, rising from 0.02 to 0.06, with
not too much difference between the h-PNIPAM and d3-PNIPAM
samples. This implies that the ratio /collapse =/0 ranges from 20
(for the lowest f) to 6.7 (for the highest f). This number is directly
comparable to the swelling factors plotted in Fig. 2, and suggests
that /0 is more representative of the polymer volume fraction at
low temperatures.
This point is worth examining in a bit more detail. The result
that /0  /collapse implies that there are many temperatures where
/ > /0 , and the elastic contribution to the osmotic pressure
(shown in Eq. 4) can be positive as well as negative. There is a particular value ðRH ; TÞ, corresponding to /=/0 ¼ 23=2 , where this term
is zero. At higher temperatures (smaller RH ), this term is positive,
while at lower temperatures (larger RH ) this term is negative.
Fig. 9 shows the crossover temperature T cross (left axis) and the
corresponding particle size at crossover relative to the collapsed
state, RH;cross =Rcollapse (right axis), as a function of crosslink molar
fraction f. The crossover temperature, where the elasticity term is
zero, decreases a little (but systematically) with increasing crosslink density. Moreover, the T cross curve for d3-NIPAM is shifted
up by roughly 1–3 K from that for h-NIPAM which is the difference
in the h temperature for the two polymers. RH;cross =Rcollapse , on the
other hand, decreases from a value of 2 to a value of 1.4 with
increasing crosslink density for both h-NIPAM and d3-NIPAM.
5. Conclusions
In this work, we have first used rheology to obtain the real polymer volume fraction /, in the collapsed state, of microgel particles
at four different crosslink densities. We find this polymer volume
fraction to be /collapse ¼ 0:40 0:04, independent of crosslink density. We couple this with dynamic light scattering determinations
of particle hydrodynamic radius RH as a function of temperature T,

and obtain the polymer and water volume fractions as a function of
temperature.
While the above assumes uniform, spherical microgels, the
microgel density is in principle not uniform; e.g., recent superresolution microscopy [24] clearly shows a core-shell morphology.
Our rheological determination of / is still reasonable however
because the analysis is based on high temperatures for which the
particle is in the collapsed state and the particle density is more
uniform. We find consistency between particle molecular weights
calculated using our knowledge of the collapsed particle size and
those determined from static light scattering (see Appendix A.4
and Fig. A.3).
Using the polymer volume fraction, we then calculate an effective particle packing fraction Uc;eff , a collective suspension property
distinct from the polymer volume fraction /, which is a singleparticle property. The implicit assumption is that the particles
are hard-sphere-like. We find, self-consistently, that the relative
viscosity grel ¼ g0 =gs for all crosslink densities collapses onto a single curve that is in agreement with hard-sphere behavior (the
Krieger-Dougherty line) provided the suspensions are dilute
enough, i.e., for Uc;eff < 0:4. Above Uc;eff ¼ 0:4, all microgels (see
Appendix A.4 and Fig. A.3) deviate from hard-sphere behavior, with
the microgels at the lowest crosslink density deviating most.
Again using the polymer volume fraction at collapse, we are
able to obtain robust fits of T versus RH in the context of the
Flory-Rehner theory for gel swelling. The key advantage in our
approach is that we are able to constrain /collapse , and globally fit
8 datasets corresponding to 4 crosslink densities for protonated
h-PNIPAM and deuterated d3-PNIPAM microgels. It is interesting
to examine the sensitivity of the fit parameters to crosslink density
and deuteration. Rcollapse is distinct from the other parameters in
that it is the particle size at collapse, while the others relate to particle properties. The parameter C, which is a phenomenological
term, shows only a very weak increase with crosslink density f
(and is identical for protonated and deuterated PNIPAM). The other
terms, which are physically meaningful, all show dependences. The
reference polymer volume fraction /0 shows a clear increase with f,
and is very similar for protonated and deuterated variants. The
remaining two parameters are sensitive to both f and deuteration.
The A term, which is related to the second virial coefficient, is most
negative at intermediate f, while the microgel size Rcollapse shows an
increasing trend with f.
The Flory–Rehner hypothesis (see chapter XI in Flory’s classic
text [30]) is that the thermodynamics of polymeric gels can be split
up into two independent contributions, the mixing contribution
and the elastic contribution; this assumption is also common to
other more recent approaches (see [26]). Moreover, each gel has
a unique reference volume fraction /0 , which corresponds to the
volume occupied by the polymer when crosslinks were introduced
into the system. Given the conditions of synthesis (see Section 3.1)
most of the crosslinking proceeds at 70  C, i.e., in the collapsed
state. It should be noted, however, that crosslinking could continue
to occur while cooling slowly to room temperature (20  C).
It is thus not consistent with the above hypothesis that one
obtains a /0 that varies from 0.02 to 0.06 with increasing crosslink
density. These low values of reference volume fraction correspond
with temperatures less than 10  C; for example, / at T ¼ 5  C (i.e.,
in the swollen state) is numerically comparable to the fitted value
of /0 shown in Fig. 8(d). It has been pointed out [26] that several
groups have inferred different reference states: some find lowtemperature reference states [41,42,28] (with /0  0:03–0.07)
while many obtain much higher /0 (see Table A.1 in [28] for a list).
The latter (i.e., higher /0 ) is consistent with the original hypothesis
of Flory and Rehner that /0 corresponds to the volume occupied by
the polymer when crosslinks were introduced.
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We thus look at the behavior of the elastic term of the FloryRehner theory (Eq. 4) which is crucial for fitting the collapse curves.
We find, interestingly, that it changes sign at a crossover temperature between 293 K and 306 K (depending on crosslink density
and deuteration). This range of crossover temperatures is close both
to the final temperature of the synthesis and to the h temperature. In
particular, there is a systematic shift between crossover temperatures of protonated and deuterated PNIPAM that is very close to
the difference in h temperature. We do not understand these dependences at this time, but hope that it will provoke more thought.
In future, any theory that quantitatively captures the collapse
curves should capture these systematic dependences on solvent
quality. In addition, one could learn more, experimentally, about
/0 by tracking RH during the synthesis (as done by Gao et al.
[43]). Ongoing work in our group focuses on the study of internal
polymer dynamics in d3- and d7-PNIPAM microgel colloids as a
function of temperature and pressure, using deuterium NMR.
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A.2. Table of fit parameters
For completeness, a list of all the fitted zero-shear viscosities,

g0 , are tablulated in Table A.1 for all the temperatures where there
was a plateau in viscosity when approaching zero shear rate. Temperature and sample concentration conditions where Cross fits
were possible, i.e., where samples exhibited a zero-shear plateau,
followed by shear-thinning and a high-shear plateau, are highlighted in green in the table and indicated by ‘‘C” in the type of
fit. In regimes where Newtonian behaviour was observed (indicated by ‘‘L” in the fit column), a simple linear fit of stress versus
strain rate was carried out to obtain g0 .
A.3. Flory-Rehner fits

Appendix A. Results of the fit to the cross equation

In this work, we found that the fitted value for the reference
volume fraction /0 was much lower /collapse . We examine this point
by setting /0 ¼ /collapse . The resulting fit (Fig. A.2) is poor, and the
fitted values of /collapse and Rcollapse are unphysical.

A.1. The power law, mapparent

A.4. Particle molecular weights

The apparent slope mapparent

gÞ
 dðlog
at a given shear rate, is
dðlog c_ Þ

related to the Cross exponent m by.

mapparent

2
3
m
dðlog gÞ 4
ðg0  g1 Þðc_ sÞ
5m:

¼
¼ 
m 2
g0 g1
dðlog c_ Þ
1 þ ðc_ sÞ
g1 þ 1þð
c_ sÞm

ðA:1Þ

When g0
g1 ðc_ sÞm and c_ s 1, the term in square brackets is
unity, and otherwise it is less than 1. It can be seen that for a given
temperature, mapparent depends on the range of the shear rate over
which it is calculated.
In Fig. A.1(a), the slope mapparent is plotted for windows of
increasing c_ , while Fig. A.1(b) plots the maximum value of
mapparent for each curve. It is seen that at mapparent  0:89 for
T 6 15  C but decreases with increasing temperature. We have
no a priori reason, apart from simplicity, to expect the power law
m to be independent of temperature, because the particle softness
is expected to be temperature dependent. For all data that exhibit
distinct low and high temperature plateaus in g, we can fit to the
Cross model. For reasons of simplicity we constrain m for a given
sample (i.e., for a given f and C) to a single value for all temperatures in this regime, and fit for g0 ; g1 and s.

The microgel particles are assumed, for the purposes of this
study, to be uniform in density profile. We check consistency of
this result by comparing molecular weights calculated from the
hydrodynamic radius at collapse for h-PNIPAM microgels with that
obtained from static light scattering. For the calculated molecular
weight we use

Mw ¼ 103

qPNIPAM NA ð4p=3ÞR3collapse /collapse

ðA:2Þ

(in units of g/mole), where NA is the Avogadro number and

q ¼ 1:1 103 kg=m3 is the density of PNIPAM polymer. /collapse is
set to 0.4.
The molecular weight is also obtained from static light scattering experiments for h-PNIPAM microgels, Static light scattering
(SLS) studies (Photocor Ltd., Russia) were carried out at a wavelength of 633 nm. Experimental are carried out at a very low sample concentrations in order to avoid particle interactions. In our SLS
studies, the scattering intensity of the microgel suspension prepared at low concentration is measured as a function of scattering
angle (theta) between 15 and 130° in the swollen state at 20 °C.
The excess of scattering intensity is measured with respect to solvent (deionized water). The absolute scattering intensity, the
excess Rayleigh ratio (cm1 ) is deduced using a toluene as a refer-

Fig. A.1. (a) The slope test results with the 10 points window width, for all temperatures. This is done for the microgel sample of f = 0.092 and C = 8 wt% steady flow data. (b)
The apparent power law exponent (from the slope test results) for the microgel sample of f = 0.092 and C = 8 wt%, as a function of temperature: mapparent is constant (with a
value mapparent  0:89) for T 6 15  C, and decreases at higher temperatures.
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Table A.1
The obtained g0 values, along with the type of fit that was used to determine them (‘‘L” for linear fit, and ‘‘C” for Cross fit) for all the 16 samples at
different f ; C, and T ( C). The gs values as a function of temperature are listed as well, in the first Section to the left. For the samples were Cross fits had
been used, highlighted in green, the m values as obtained by the Cross fits are listed.

ence sample whose Rayleigh ratio is, Rtoluene ¼ 1:35 105 cm1 at
633 nm. The excess Rayleigh ratio RðhÞ of microgel suspension at
different concentrations can be calculated using

RðhÞ ¼ ðIsus ðhÞ  Isol ðhÞÞ=Itol ðhÞ½ðnsolv ent =ntoluene Þ2 Rtoluene :

ðA:3Þ

Isus ; Isol and Itol are the scattering intensity of suspension, solvent,
and toluene reference. nsolv ent ¼ 1:3314 and ntoluene ¼ 1:49 are the
refractive index of the solvent and toluene, respectively, at 20 °C.
Under weak particle interactions, the weight-average molecular
weight, Mw is related to excess Rayleigh ratio, RðhÞ is given by the
expression [44]

KC=RðhÞ ¼ 1=M w þ ðR2g =3M w Þð16p2 n2solvent =k2 Þ sin ðh=2Þ;
2

where K ¼ 4pn2solv ent ðdn=dcÞ =ðk4 NA Þ is an optical constant, C is the
microgel concentration in g/ml, dn/dC = 0.167 ml/gm is the refractive index increment of microgels in the swollen state [45] and N A is
the Avogadro number.
The comparison of molecular weights from the two methods is
shown in Fig. A.3. The agreement suggests that assuming uniform
spheres is reasonable.
2

Fig. A.2. Carrying out a fit with /0 ¼ /collapse yields a poor fit, and unphysical values
of both /collapse and Rcollapse .

ðA:4Þ
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Fig. A.3. Comparison of molecular weights obtained from calculation (based on
assuming a uniform sphere) and from static light scattering measurements, for hPNIPAM microgels at all crosslink densities.
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